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THEOREM 3.2. Let X be an extreme feasible flow and y a cycle with & (y)>0.
Then x'=x"4u (y) 6 (y) is an extreme flow adjacent to x° if and only if the
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Theorem 3.2. The polytope A(0) is of dimension §Q1 — 8Qo + 1 for any 0 in the
interior of Cg and it is nonempty precisely if 0 is in Cq. If 0 is in generic position,
then the vertices of A(0) are in bijection with those subtrees of Q admitting a regular
flow and the faces F of A(0) are in bijection with the subquivers P of Q admitting
a regular flow. Moreover, dim F = dim P for the face F defined by P.
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Coherent fans in the space of flows in framed graphs
Vladimir I. Danilov, Alexander V. Karzanov, Gleb A. Koshevoy
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Vladimir I. Danilov, Alexander V. Karzanov, Gleb A. Koshevoy. Coherent fans in the space of flows in
framed graphs. 24th International Conference on Formal Power Series and Algebraic Combinatorics
(FPSAC 2012), 2012, Nagoya, Japan. pp.481-490, 10.46298/dmtcs.3056 . hal-01283137



Tlow _plylepes: DEK Aetaglecbions

A framing on a digraph G is a setting, for each inner vertex v € V/, a linear order <;,,(,,y on the set in(v) and a
linear order <, (,) on the set out(v). A digraph endowed with a framing is called a framed graph, or a net.

For a framed graph G and an inner vertex v, we denote by In(v) the set of maximal paths, or semi-routes,
in G entering v, and denote by Out(v) the set of semi-routes leaving v. We define a linear order <p,,(,) on
the set In(v) and a linear order <o () on the set Qut(v) as follows. Suppose that paths P,Q € Out(v)
coincide before a vertex w (including w) and differ after w (possibly w = v). Let ep be the edge of P such
that £(ep) = w, and let e be a similar edge for ). Then we set P <py(y) @ if €p <ous(w) €q- The linear
order <p,(,) on In(v) is defined in a similar way.

Let P and @) be two routes passing an inner vertex v. We say that P, Q) are in conflict at v if the initial
parts Pv, Qu are ordered differently than the final parts v P, vQ ; say, Pv <pp(,) Qv but vQ <out(v) VP.
Otherwise we say that P and () are coherent at v.

Definition. Routes P and () are called coherent if they are coherent at each common inner vertex.

Cor\ac ||c:‘
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FIGURE 1. A lattice path v = NEENEINEUNE3SNEL and its associated
v-caracol graph car(v).
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